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So C(α, B) contains neither x nor y and it follows that B∪α 6∈ B(Mx,y). We
conclude that α ∈ C∗ −{x, y}. Hence (B ∪α)∩(C∗−{x, y}) 6= ∅. Therefore
each basis of Mx,y must have non-empty intersection with C∗ − {x, y}.

We now show that C∗ − {x, y} is a minimal set having non-empty in-
tersection with all bases of Mx,y. Let B be a basis of M so that x ∈ B,
y 6∈ B, and B ∩ (C∗ − {x, y}) = ∅. Let z ∈ C∗ − {x, y}. If C(z, B) does
not contain x, then |C(z, B) ∩ C∗| = 1; a contradiction. Thus x ∈ C(z, B).
Moreover, y 6∈ C(z, B) and it follows that B ∪ z ∈ B(Mx,y). Since for all
z ∈ C∗ − {x, y}, the set B ∪ z is a basis of Mx,y, the set C∗ − {x, y} is min-
imal having non-empty intersection with each basis of Mx,y. We conclude
that C∗ − {x, y} is a cocircuit of Mx,y. � aa cc
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