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Idempotents of Clifford Algebras

3 The case p − q (mod 8) = 2, 0

In this case Cp,q ≈ M(2
p+q
2 ,R). In complete analogy to the previous case we

obtain the following classification of idempotents:

IDEMn(Cp,q) ≈ GL(N,R)/ (GL(n,R) × GL(N − n,R)) ,

where N = 2
p+q
2 , n = 0, 1, 2, . . . , N . In particular,

dimR IDEMn = 2n(N − n).

4 The case p − q (mod 8) = 4, 6

In this case Cp,q ≈ M(2
p+q
2 ,H). As before1) we easily conclude that in this case

IDEMn(Cp,q) ≈ GL(N,H)/ (GL(n,H) × GL(N − n,H)) .

N = 2
p+q−2

2 , n = 0, 2, 4, . . . , N , and2)

dimR IDEMn(Cp,q) = 8n(N − n).

5 The case p − q (mod 8) = 1

In this case Cp,q = M(2
2+q−1

2 ,R) ⊕ M(2
2+q−1

2 ,R). Taking into account idempo-
tency condition we can diagonalize idempotent A in this case to the form Πn,m =
diag{1, 1, . . . , 1︸ ︷︷ ︸

n

, 0, . . . , 0︸ ︷︷ ︸
N−n

; 1, 1, . . . , 1︸ ︷︷ ︸
m

, 0, . . . , 0︸ ︷︷ ︸
N−m

} where N = 2
p+q−1

2N−
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N = 2
p+q−3

2 , n = 0, 2, 4, . . . , N , m = 0, 2
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